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Proposition 3.7. Let E be a finite set and let £L C 2F a family of subsets of E, partially ordered
by inclusion and such that E € L. Suppose further that L is a geometric lattice with rank function
p,with meet operation given by set intersection, and such that the union of the atoms of L equals
E. Then, for every X C E there is a unique minimal X' in L such that X C X', and the extension
r of p on 2F given by r(X) := p(X') is a matroid rank function.

e (x)= 4(¢')
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